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TRUONG THPT TRAN PHU-HOAN KIEM NAM HOC 2023-2024
MON. TOAN, KHOI 11
Ngi dung. 1. Ham sé lwong gidc va phirong trinh heong gidc.
2. Ddy s6. Cdp s6 cong va cdp sé nhan.
3. Gi6i han. Ham s6 lién tuc.

4. Puong thang va mdt phang trong khong gian. Quan hé song song.

CHUONG I. HAM SO LUQNG GIAC VA PHUONG TRINH LUQNG GIAC

I. Ty ludn

. ™ N . 3 , e
Bai 1. a) Cho ) <x<mva sinx = 1 Tinh cosx, tanx, cotx, cos(x +§); COS2X;.

b) Cho g <x< 3% va tanx = 3. Tinh sin(x —%) , COsX, cot(x —%), cos4x .

¢) Cho sin(a+90°)+sin(180° —a) +tana + cot(270° +a) = m . Tinh sin2a, cos4a theo m.

3sinx —2cosx B sin® x —sin x.cos x + 2

d) Cho tanx =4.Tinh 4 =— ;
2sinx +cosx 2cos*x+1

—4 .
e) Cho tan2a =— va _r <x< ul . Tinh sina; cosa; cosg.
3 2 2 2

Bai 2. Pong ho ¢ buu dién Ha Noi ¢6 kim phat dai 1,75m va kim gio dai 1,26m. Hoi

a) Sau 60 phat, dau miii kim gio va kim phut ciia dong hd quét cung tron c6 do dai 1a bao nhiéu?

b) Pong hd dang chi 12h. Sau khoang bao l4u thi cung tron do miii kim phut quét 1én dai gap 20 lan so v&i
mii kim gio

. 3B ; B
. sin B cos B
Bai 3. Cho tam gidc ABC. Chimg minh rang - =tan A.cot(B+C)
COS(A+228+C) Sin(A+ZB+C)

Bai 4. Don gian céac bi€u thuc sau(gia st cac biéu thirc sau déu c6 nghia)

sin® x+cos® x+2

a) A=cos(57 —x)—sin 3—7[+x + tan 3—”—x +cot(37 —x) b) B=—; 7
2 2 sin” x+cos” x+1

a a
. . cot—+tan — . .
2x—4 . - .
¢) C= ‘51211 X ‘51211 X d)D= 2 2 ¢) E= sin 3x.cos 5x —sin 5x.cos 3x
sin” 2x+4sin” x —4 a a coS X
cotg—tang

Bai 5. Cho tam gidc ABC. Chiing minh.

a) sinA + sin B + sinC = 4.cosé .cosE .COS 9 b)sin2A + sin2B + sin2C = 4.sinA.sinB.sinC
.4 . B .C
c)cosA+cosB+cosC=1+4.s1nE .s1n5 .smE. f)cos2A + cos2B + cos2C = -1 - 4.cosA.cosB.cosC

Bai 6. Tinh gia tri cic biéu thic.  a) A = cos75%.cos15°. b)B = sin20°.sin40°.sin80°.




Bai 7. Rut gon céc biéu thic.
a) A =sin10° + sin20° + sin30° + ........ +sin80° (goi y. nhan hai vé véi sin5?)
b) B = c0s30° + c0s50° + cos70%+........ +¢0s350°. (goi y. nhan hai vé vai sin10°)

Bai 8. Tim tap xac dinh cua cdc ham s6 sau.

2) y= cotx b) __cosx+2024 ¢y = cot(x+7) d) y= 1-sinx
Y cos2x -1 g V1+sinx Y 3 cosx —1

Bai 9. Tim gia tri 16n nhat va gia tri nho nhat (n€u cd) cua cac ham so sau.

a) y=3sin(2x—%)—1. b)y=3-21+cos2x. ¢)y=5—3cos’4x

d)y=cos2x—sinx+3. e)y=|cosx|+4 vii x € (—%;%]

Bai 10. Xét tinh chin, 1é cta cac ham sd

tan x x.sinx .
= d) y = sinx+cosx

a) y = sin2x.cos3x b)) y=——"-— c) y=
)Y )y cos5x +1 7 sin? x + 3

Bai 11. Giai cac phuong trinh sau.

a) cos(2x-30%) = -1 b) cos(x-%) = -sin3x ¢) 2sin(x —2) —-1=0

d) \/Ecos(x+£)—1=0 e) \/gcot(x+%)+1:0 f) tan3x = -1

g) cos’ (% - ZxJ =sin’ (x + %j h) sin(g .cosx) =1
Bai 12. Tim céac nghiém thude [—37r; 3} cua phuong trinh

2sinx —1

el
2cosx+\/§

a) (cosx-1)(2cosx+3) = 0. b)

Bai 13. Tinh tong cc nghiém thudc [— 107r;107r] ctua phuong trinh. 2cos4x -1 =0

Bai 14. Cho db thi hai ham sb y = sinx (C1) va 'y = cosx (C2) cung v€ trén mdt truc toa 6. Hai diém phan
biét A va B 1a hai giao diém c6 hoanh d6 4m va gan Oy hon so véi tat ca cac giao diém khac ciing c¢6 hoanh
d6 4m. Tim hoanh d6 cua A va B biét xp < xa.

\e AL A A A 1a r ) . 7T - X . e \
Bai 15. Cho mdt vat dao dong dicu hoa vdi phuong trinh x = 3sin(7z + g) . Biét trong khoang thoi gian tur
thoi diém t = 0 dén thoi diém t = t; thi vat xuat hién tai vi tri ¢6 x = 3 1a dang 5 1an. Tim t1.

II. Tric nghiém

" T S 2cos” x—1 e 2R , .
Cau 1. bBon gian biéu thiic 4 =—  (vdi x d€ A c6 nghia).
sin x +cos x
A. A=cosx+sinx. B. 4=cosx—sinx. C. A=sinx—cosx. D. Ad=-sinx—cosx.

Céu 2. Cho P=sin(r+a).cos(mr—a) va Q =sin

g_ a .cos[§+ a]. Ménh dé nao dudi day 1a dang ?



A. P+0Q=0. B. P+Q=-1. C.P+0=1. D. P+rQ=2.

Cau 3. Biét 4, B, ¢ 1a cac gbc clia tam gidc 4BC , ménh dé nao sau day dung.

A. sin(4+C)=—sin B B. cos(4+C)=—cosB
C. tan(4A+C)=cot B D.cot(A+B)=—cot%
Céau 4. Cho sinoz—i—cosoz:g va 0<a<£. Tinh tanw.
A V75 e c 38-2\3 o, V7 +

741 741 11 J7 -1

Caus5.Cho 7<a< 37” Khiang dinh nao sau diy diang?
RY/4 3z 3z
A. tan 7—0{ <0. B. tan 7—0{ > 0. C. tan 7+a > 0. D. tan(ﬁ—a)ZO.

Cau 6. Cho biét sinx+cosx = —%. Tinh sin2x.

A. sin2x=—%. B. sin2x=%. C. sin2x=%. D. sin2x=-1.

iy a2 inx—4

Cau 7. Cho biét tan x = 5. Tinh gia tri biéu thuc sz.

COSx+2sinx
19

A.QO=1. B. 0=—. C.Q0=-1. D. 0=—.

11 9

Cau 12. Cho biét sin x +sin y = J3 va cosx—cos y=1. Tinh cos(x+ y).

A. cos(x+y)=1. B. cos(x+y)=-1. C. cos(x+y)=0. D. cos(x+y):%.

Ciu 13. Cho cac khing dinh.

(D). sinx—siny = —2sinx+y.sinx_y (IT) cosx +cos y :2cosx+y.cosx_y
2 2 2 2
. 1 . x+y . x—y . . 1
(III). sinx.cosy = E(sm 5 +sin 5 ) (V). sinx.siny = —E(COS(JC + y)—cos(x —y))
S6 khang dinh dung 1a.
A. 1. B. 2. C.3. D. 4.
Ciau 14. Trong cac ham s6 sau ddy, ham sé nao 1a ham sb tuan hoan?
-1
A. 'y = cosx.sinx B. y = x.tanx C.y=x*x-1 D. y= al
x+2

Céu 15. Cho ham sd y = cosx. Khang dinh nao dung ?

A. Bong bién trén mdi khoang (% + k2w + k27zj voikeZ



B. Nghich bién trén mdi khoang (—% + k27 % + k27zj véikeZ

C. Bong bién trén mbi khoang (3% +k 27r;577[ +k27) véikeZ

D. Nghich bién trén mdi khoang (2?7[ +k2r; 7?7[ +k27r) voikeZ

Ciu 16. Diéu kién xac dinh cia ham sd y = la.
tan x
A.x¢§+k7z B.x# " tkn C.x¢%+k% D. x#kr
Cau 17. Nghiém cua phuong trinh cosx =0 1a.
A.x=—%+k2ﬂ B.x=%+k7r C.x=kx D. x=k2x
Cau 18. Nghiém cua phuong trinh cosx =0 1a.
A.xz—%+k27t B.x=%+k7r C.x=kx D. x=k2rx
n A, . , 1 .
Cau 19. Nghiém cta phuong trinh  sin?x = 3 la.
A x=+Zikor B. x=2+kZ C.x=t2+k2x D. x=+Z+k2r
2 4 2 3 4
Cau 20. Nghiém cua phuong trinh V3 -3tanx =0 la.
Ax="rkxn B. x=2+k2r C.x:S—ﬂJrk;z D.x="vkr
6 2 6 3
2
. - COS” X —COSX
Cau 21. SO nghiém phén biét x € [—7[;7[) clia phuong trinh ————=0 1a
2 2sin” x +sinx
A. 4 B.1 C.2 D.3
R A e i % cos2x+1
Cau 22. Tap xac dinh cia ham s6. y=, [ ———
cosx +1
a) D=R\{k 7 ke Z} b)D={k2r|keZ} oR\{zr+k2rlkeZ} dR
Céu 23. Tong cac nghiém cua pt (7sinx+5) =0 trong khoang 0 < x <27
A. . B. 2x. C.3rx. D.3z/2.
Céau 24. Biét phuong trinh 4sin2x = m+1 c¢6 nghiém. S6 gia tri nguyén cia m 1a
A. 4. B. 9. C.3. D. 17.

Céu 25. Biét phuong trinh 5tan 3x = m c6 nghiém. S gia tri nguyén thudc [-20;10] cia m 1a
A. 31. B. 11. C. 10. D. 12.



CHUONG II. DAY SO, CAP SO CONG, CAP SO NHAN

I. Ty ludn

. 2
Bai 1. Cho day s6 (u,,) dugc xac dinh boi u, = n” + 3r;+7
n+

a) Viét nam sé hang déu ciia ddy.  b). Day s ¢6 bao nhiéu sd hang nhan gié tri nguyén?
. =1
Bai2. Cho ddy sb (u,)xac dinh béi.] ! .
u,=u, ;+3 vn=2
a) Viét ndm s6 hang dau cia diy.  b) Chirng minh diy (u,,)la day tang

Bai 3. Cho diy s6 (u,,) . Chirng minh rang

a) vo1 u, = 6 —3n thi dy (u, ) giam va bi chdn trén
. n+6 . .. e
b) véi u, = —— thi ddy (u,) gidm va bi chan
n+3

. 7! : :
C) VOl u, = (’13%) thi day (u,,) 1a day tang va bi chan dudi.
Bai 4. Diy s6 (u,)co s6 hang tong quat nhu sau c6 phai 1a cap s6 cong khong ? Néu phai hdy xéac dinh sd
cong sai ?
_ —3n+1

a.u,=2n+3 b. u, -

1
c. un:n2+1 d.u, =—
n

{uz —uy+uz =10

Bai 5. Cho cap s6 cong (u,,) thoa . u, +u, =26

a) Xac dinh cong sai va cong thirc cuia sd hang tong quat u,

b) S6 37 ¢o thude cip sb cong khong? Néu thude thi 37 13 s6 hang tha may?

c) Tinh S=u; +u, +u, +..+uy;.

Bai 6. Cho mot cap sb cong (u,) c6 u;=1va téng 100 sd hang dau bang 14950 .
Tinh S= ! + L ot L

uyu, Upus UzoU7;

Bai 7. Tim bén sb hang lién tiép cia mot cép sb cong biét tong ciia chiing bang 20 va tong cac binh
phuong ctia chung bang 120.
Bai 8. Cho ba s6 duong a, b, ¢ va a%; b%; ¢2 theo thtr ty lap thanh cap s6 cong. Ching minh rang

a b
b+c c+a a+b
Bai 9. Hing taxi dwa ra mirc cude 1a 11.000d/1km trong Skm déu tién; va cr mdi 5 km tiép theo thi mirc

theo thtr ty ciing 1ap thanh mot cap sd cong.

cude giam 500d/1km so v6i mic cude & Skm trude do, va khong doi khi mire cude 1a 7000d/km.
Ngoai ra cong ty c6 thé cho khach hang ki hop dong tron goi chuyén di.
Anh A hay di cong tac ¢ tinh xa. Néu diém dén cach nha 93km va chi xét vé kinh té, thi anh A nén chon
cach tinh theo gi4 taxi thong thudng hay tra tron goi 1a 850.000d/chuyén.
u, =15
Bai 10. Xac dinh cap sb nhan (un) biét. a) {u, =135 b) {
u, <0

u, +u; =164
u, +u, +u, =78




Bai 11. Cho ba s6 duong a, b, ¢ lap thanh mot cidp sé nhan. Chung minh ring ba s

%(a +b+c);, /%(ab +bc+ca);dabe ciing 1ap thanh mot cap sd nhan.

2
Bai 12. Cho cap sb nhan (u,) thoa. =5
us =243uy

A« £ Ao A A QA 2 \ A , Y S +
a) Viét nam s0 hang dau cua cap so. SO o5l 1a s0 hang thu bao nhiéu cua cap so ?

b) Tinh téng 10 s6 hang dau cua cép s6.
Bai 13. B6 me ban X mang tién giri ngan hang theo thé thirc 131 kép (131 nhap goc vao ki gui tiép theo). Sb
tién ban dau la A4, 1ai suat 1a 7 /ki. B6 me nhd X giai thich, dua ra cong thirc vé s tién nhan duoc (gia sir
toan bg qua trinh 1a1 suat khong doi)
a) Sau 1 ki; sau hai ki, sau 3 ki, sau 4 ki va du doan cong thirc sau n ki
b) Néu ctr sau mdi ki, b6 me ban X lai mang thém diing s6 tién A ra ngén hang dé giri thém; thi két thiic ki
thir 12, toan bé sb tién nhan vé duoc tinh thirc cong thirc nao?

n

Bai 14. Cho day s6 (u,) v6i u, =32

a) Chﬁ’ngﬂ minh day s6 (un) 1a cap s6 nhan. S6 19683 14 s6 hang thir méy cia day s6.

b) Tinh tdng S=u, +u, +ug +...+Uy,.

Bai 15. Tim cac sb duong a, b biét a; a+2b; 2a+b theo thir tu lap thanh mét cép $6 cong va
(b+1)*; ab; (a+1)*1ap thanh mot cip s nhan.

Bai 16. Tinh cac téng sau.
A)Ti=1+2+23+2%+ .. ... + 2100

b) T2=1+22+3.22+423+..+100.2%.
) Ts=1+42+722+102%+....+(3n-2).2™!
d)T4=9+99+999+ ......... +99...9 (s6 hang cudi cung c6 50 chit s6 9)
e) Ts=1+11+111+...... +11...1 (sb hang cudi cing c6 50 chir s6 1)
f) Te=6+66+ 666+ .....+66...6 (s6 hang cudi cing c6 50 chit s6 6)
Bai 17. Xac dinh m dé.
a) Phuong trinh x> —3x?> —9x+m =0 co ba nghiém phan biét 1ap thanh cp sé cong.
b) Phuong trinh x* ~2(m+1)x* +2m+1=0 (1) c6 bén nghiém phan biét 1ap thanh cép s6 cong.
Bai 18. Cho 3 sO duong co téng 1a 65 lap thanh mot 9ép s6 nhan tang. Néu bét mot don vi & sb hang thir
nhat va 19 don vi ¢ s0 hang thir ba ta dugc mdt cap so cong. Tim 3 so do
II. Tric nghiém
Ciu 1. Cho day s6 c6 cac s hang dau 1a 8, 15, 22, 29, 36,... S6 hang tong quat cua day s6 nay la

A.u,=Tn+7. B. u,=7n. C.u,=T7n+1. D.u,=n+7.
Céu 2. Cho day sb (u,) c6 s hang tong quét u, = 2n+1 .S % 1a s6 hang tha miy cua day?

A. 300. B. 212. C. 250. D. 249.

. u =5 . . . .
Céu 3. Cho day s6 (u,) VO"i{ : . S0 hang tong quat u» ctia ddy so 1a so hang nao dudi day?
u, =u +n
-1 -1 +1 +1)(n+2
A. un=("2)”. B. un=5+(”2)”. C. un=5+(”2)n. D. 1, -5, "FD(1+2) )2(” )



Cau 4. Cho day sb (u,): u, = sin. Chon khang dinh sai trong cac khang dinh sau day.
n

A.Day s6 (u,) ting. B. u
C. Diy sb (un) bi chén. D. Diy s (un) khong tang,
khong gidm.

Céu 5. Trong cac day (u,) sau ddy, ddy nao 1a day sé bi chin?

Zon+1 |
n —-n+ Bu=3n

= .U, . C.u =-n*—n+l. D.u=n".
n +2n+2 n->5

A. u = ;

n

Cau 6. Cho diy s6 (u,), v6i u, =5"". Tim s6 hang «

n—1°

Aoy, =5" B.u,  =5" C.u,  =55" D.u,  =55"
Céu 7. Cho diy sb (u,) co s6 hang tong quat 1a u, = 2(3”) v6i ne N*. Cong thirc truy hdi cua diy sb do 1a.

u =6 B u =6 C {u1=3 D u =3

) u,=6u, ,n>1 ’ u,=3u, ,n>1 ’ u, =3u, ,n>1 ) u,=6u, ,n>1

o1
Céu 8. Diy s nao sau day 1a cp s cong?

A.1;3;6;9;12. B.1;4;7;10; 14. C.1;2;4;8; 16. D.0;4;8;12; 16.
Cau 9. Trong cac diy sau day, diy nao 1a cp sb cong?

Aou,=3" B.u,=(-3)"". C.u,=3n+1. D. u, =5n"+n.
Ciu 10. Viét ba s6 hang xen giita cac s6 2 va 22 dé dugc mot cp sd cong c6 nam s hang.

A.7;12;17, B. 6;10; 14. C. 8;13; 18. D. 6; 12; 18.

Céu 11. Cho hai s6 —3 va 23. Xen k& giita hai s6 dd cho » sd hang dé tat ca cac s6 d6 tao thanh cap s cong
c6 cong sai d=2. Tim n.

A. n=12. B. n=13. C. n=14. D. n=15.

Cau 12. Cho 2 c?ip sb cong hitu han 4; 7; 10; 13; 16;... va 1; 6; 11; 16; 21;...; mdi cép $6 cong c6 100 sb
hang. Hoi c6 tat ca bao nhi€u s6 ¢6 mat trong ca hai cap so trén?

A.21. B. 20. C. 18. D. 19.
Cau 13. Cho cip s6 cong (u,) co cac s6 hang dau lan lugt 1 5; 9; 13; 17; ---. Tim s6 hang tong quat », cia

cap sd cong.

A.u,=5n+1. B.u,=5n-1. C.u,=4n+1. D. u,=4n-1.

n

Cu 14. Cho cép sé cong (u,) b u,=—3 v d = % Khing dinh no sau day dang?

A. u, :—3—1—%(11—#-1). B. un:—3+%n—l. C. u, :—3+%(n—1). D. u, :—3+i(n—1).

Cau 15. Cho cip s6 cong (u,) c6 u, =4 va d =—5. Tinh tong 100 s6 hang dAu tién cua cip s6 cong.

A. S, =24350. B. S, =-24350. C. S, =-24600. D. S, =24600.



Cau 16. Sb hang téng quat ciia mot cap sb cong 1a u, =3n+4 voi neN'. Goi S, la tong » s6 hang dau tién
ctia cdp sd cong da cho. Ménh dé nao sau ddy dang?

- 7(3' -1 ) )
A. S”:u_ B. Sﬂ:u. C. S”:3n +57 . S”:3n +11n
2 2 N —

Cau 17. Cap s6 cong (u, ) cd S, =18,S,, =110 thi tong 20 s6 hang dau tién 1a
A. 620. B. 280. C. 360. D. 153.

Ciau 18. Xét cac s6 nguyén duong chia hét cho 3. Téng s6 50 s nguyén duong dau tién d6 bang.
A. 7650. B. 7500. C. 3900. D. 3825.
Cau 19. Cho cap s6 cong (u,) c6 d =—2 va S, =72. Tim sb hang dau tién «,.

A. u =16. B. u =-16. C. y -1 D. 4 L
16 16

Cau 20. Cho cip s6 cong co tong 1 s6 hang dau 1a S, =3n” +4n,n e N'. S6 hang thir 10 ctia cip s6 cong la
A. u,, =55. B. u, =67. C. u,=61. D. u,, =59.

Céu 21. Cho mdt cap sb cong (u,) c6 u, =1 va tong 100 s6 hang dau bing 24850. Gia trj biéu thirc
1 1 1

S = + +...+ lIa
“1”2 u2u3 Z4491’150
A.Szi. B.Szi. C. §=123. D.Szﬂ.
246 23 246

Ciu 22. Trong cac diy sd (u,) cho boi s6 hang tong quat «, sau, diy s6 nao 1a mot cip sd nhan?
A.u,=7-3n B.u =7-3" C.u=—. D. u, =7.3"

Cau 23. Cho day sb («,) 1a mot cip s6 nhan v6i u, =0, ne N'. Day sb nao sau ddy khong phai 1a cap sb

nhan?

A w;u;ug ... Bl 3u; 3uy; 3u; ... C L; — = D.ow+2; u,+2; u,+2; ...

Cau 24. Cho cip sb nhan biét u, =1;¢ =2. S6 hang thtr 11 1a
A.20 B. 1024 C.22 D. 2008
Cau 25. Néu cép s nhan (u, ) cd u, =3va cong bdi ¢ =3 thi gia tri u, 1a

A. 3 B. 3’ C.21 D. 3
Cau 26. Mot cip s6 nhan c6 6 sb hang, s6 hang dau bang 2 va s hang thir sau bang 486. Tim cong bdi ¢
ctia cdp sO nhan da cho.

A. ¢g=3. B. ¢=-3. C.g=2. D. ¢=-2.
Cau 27. Cho cap sb nhan (u,) c6 4, =—3 va ¢=—2. Tinh tong 10 s6 hang dau tién ciia cép s6 nhan di cho.
A.S,=-511. B.S,=-1025. C. 5, =1025. D. 5, =1023.

Cau 28. Trong mot cép s6 nhén c6 cac sd hang déu duong, hi¢u cta ) hang thir nam va thu tu 1a 576, hi¢u
ctia sb hang thtr hai va sé hang dau 13 9. Tong 5 sé hang dau tién cua cip sé nhan dé bang



A. 768 B. 1024 C. 1023 D. 1061

CHUONG III . GIOI HAN. HAM SO LIEN TUC

I. Ty ludn
2
Bai 1. Ching minh ring: a) hm——O b)lim n+2_1. c)limn -1
n+7 n+1 mZ+l 2
Bai 2. Tinh cac giéi han sau:
2 3, .2 3 2
2) lim 2n+1 b) lim 23n+5 0 lim tn 2n+1 d) lirn(2}1 +1)(3n4 n+38)
3n+2 3n"+4 2n +n"+2 (4n-3)3n" +n+2)

Bai 3. Tinh céc gidi han sau:

3n* ++n* +3n-2 \3/811 —5n+8—-n 0 lim\/6nz+n+l
2n+1

a) lim > b)l d
2n - —n+3 n+12

Bai 4. Tinh céac gidi han sau:

) lim YL " 20" —n
1-3n°

6
92743 N L L 43y 4-
a) lim———— b)lim————— o) lim——m——
2" +5.3" 2.4 40" 2.9 4+ 7"
Bai 5. Tinh cac gioi han sau:
2 n
2) lim1+2+32+""+n by lim l+c;+a4+....+az bidt a.be(0:1)
S5n”+2 1+6°+b" +...+ b

Bai 6. Cho hinh vuéng (C,)c6 canh bang a. Ngudi ta chia mdi
canh cta hinh vuéng thanh bon phan bang nhau va ndi cac diém
chia mot c4ch thich hop d€ 6 hinh vuéng (C, )nhu hinh vé

Tur hinh vuong (C2 ) lai tiép tuc 1am nhu trén ta nhan dugc day
cac hinh vuéng C,,C,,C,,...,C, . Goi S, 1a dién tich cua hinh
vuong C,(ie€{1,2,3,..}). Pat T =S, +85, +S,+..+ S, +...

Biét T:%, tim a?

Bai 7. Tong cap s0 nhan lui v6 han (u, ) co u, =1va uj,uy,u,

theo thir ty 1a ba sb hang lién tiép trong mot cap s6 cong 1a bao nhiéu?

Bai 8. Dung dinh nghia tinh a) lim(3x-5) b) lim vx+4
x—4 NN
Bai 9. Tinh gidi han cic ham sb sau
2 2 _gx—
a. lim 1 b. lim X! ¢. lim 2X —X~2
x—>1X—2 x-1 x—1 x=2  x2_4
_2x%—6x-20 . \/x+ -1 _ A3x+2-2x+3
d. lim ——— — e. lim f. lim
x=>-2 x3 _3x+2 x—0 x—>1 x—1
¥) lim Vx+2-+2x+3 b lim \/2x+3 ~3Ix+2 o i VX732 -6
& x=>-1  2_\/x+5 " xo-1 x+1 " x>2 X—2
Jx —1
. ———+b  khi | - P
Bai10.Cho y= f(x)=1 y—1 T© M *>1 o pad lim f(x) = 2023

ax+3 khi x<1




x> -3x+a

Bai 11. a) Cho s6 thyc a théa man lim>—" "= =3, Tim a.
x-1  x+1
2
b) Cho hai so thuc b, ¢ thoa man lin}w =7.Timb, c.
X—> X—

Bai 12. Tinh céac gidi han sau

o 4Ax+1 . 2x% +1 o 4xr -1
a. hm b. hm _— C. hm Ee—
x—>+00 3X — 2 X—=—0 3 4 2x — x2 X—+0 x3 1 x — 4
2 2
d. lim X *2 e. D= lim ——>X"1 f D= lim Y2 +5

Xt 5y i ax? +1 X270 1 4 4x + x> x>0 33 L x+2

¢. lim (4x% =1)(2+3x - x°)

xot0 (x3 4 x —4)(3x* —=x2 =1)

Bai 13. Tinh cac gidi han sau: a. lim b. lim c. lim
x—2F X = x>-3~ X+3 x—57 2~
.. L 4x+5 khi x=-2
Bai 14. Chohamso y= f(x)= .
a khi x=-2
a) Dung dinh nghia chiing minh f(x) lién tuc tai x =5
b) Vi a = 6, xét tinh lién tuc ciia ham s6 tai x = -2
c) Tim a dé ham sb lién tuc tai x = -2
d) Tim a dé ham sb lién tuc trén tap xac dinh cua no
—V2x—11—1 Khi x> 1
Bai15. Chohamsd y= f(x)={ *~
i ohamso y= f(x) ; Wi x=1
x+b khi x<l1
a) Tim a d¢ ham sd lién tuc trén [1;400)?
b) Tima, b dé ham sd lién tuc trén tap xac dinh cua n6?
II. Tric nghiém
Cau 1. Cho day (u,,) co limu, =3, day (v,) co limv, =5.Khi do lim(u,.v,)="?
A. 15. B. 8. C.5. D. 3.
Céu 2. Cho limu, =-3; limv, = 2. Khi d6 lim(u, —v, ) bing
A. -5. B. —1. C.5. D. 1.
Céu 3. Cho day s6 (u,,) théa man lim(u, +3)=0. Gi4 trj ciia limu, bang
A. 3. B. -3. C.2. D. 0.
Céu 4. Tim dang hiru ty cua s6 thap phan v han tudn hoan P = 2,13131313...,

ap_22 b p_ 23 c.p_2U o

99 T 100° T 100° ' 99




Céu 4. Cho céc ddy s6 (u,), (v,) va limu, =a, limy, =+oo thi lim2 bng
v

n

A. 1. B. 0. C. 0. D. +o0.
Céu 5. Trong 3 khing dinh du6i day c6 bao nhiéu khang dinh dang?

limn* =400 v6i k nguyén duong. limg" =+o néu |q| <l. limg" =+ néu g>1
A. 0. B. 1. C.3. D. 2.
Céu 6. Cho day sb (u,) thoa |u, —2| <n—13 véi moi n e N*. Khi do
A. limu, khong ton tai. B. limu, =1. C. limu, =0. D. limu, =2.

Ciau 7. Diy s nao sau day c6 gidi han bang 0?

2 _ _ 1_2 _ 2 3
A. unzn—zz. B. un=4 2n_ C. un=—nz. D. un=7zn—+?
Sn+3n Sn+3 Sn+3n S5n’ +3n
2
. -4 . :
Cau 8. Cho 1im - ~"*7 _ 6 Khing dinh ndo ding
Sn”—n-2
A.a=6. B. a=3. C.a=30. D.a=11.
o _an’ —4n+7
Cau 9. C6 bao nhiéu s6 nguyén a théa man hm%zO?
n —n-—
A. 0. B.5. C.6. D. 1.
" N~ £ L (31’1—1)(3—11)2 g 3 A K Ae .. A
Cau 10. Day so (un) Vo1 u, =ﬁ c6 gidi han bang phan s6 toi gian 3 Tinh a.b
4n-5
A. 192 B. 68 C. 32 D. 128

Céu 11. Day sb nao sau day c6 giéi han bang 0 ?

A (ij | B. (l] | c (éj D. (—_Sj
e 3 3 3
Cau 12. lim(Z” —1)béng
A. —1. B. 1. C. +x. D. —o.
R 2 I 1 1 1
Cau 13. Tinh tong S=14+—+—+—+....+—+......
2 4 8 2"
A. 2. B. 3. C.1. D.%.

Cau 14. Cho hinh vuéng ABCD c¢6 canh bang a.Ngudi ta dung hinh

vuéng A4,B,C D, cb canh bang 1 dudng chéo cua hinh vuéng 4BCD ;
2

dung hinh vuong 4,B,C,D, c6 canh bang % duong chéo cua hinh

vudng 4 B,C,D, va ct tiép tuc nhu vay. Gia sir cach dung trén co thé

tién ra vo han. Néu tong dién tich § cua tat ca cac hinh vuong

ABCD, A,B,C,D,, 4,B,C, D, ... bang 8 thi a bang:
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B. \2

Cau 15. Cho céc gi6i han: lim /(x)=2; limg(x)

Cc.\3 D. 242

=3, hoi lim[ 3/ (x)-4g(x)] bing

A.5. B.2. C. 6. D.3.
L =lim™ =
Cau 16. Tinh gi¢i han ~ ** X+3
A. L=—0, B.L=0. C. L=+w. D. L=1.
L= lim 3
Cau 17. Tinh gidi han > x+4
A. L=—o. B. L=0. C. L =+w. D. L=1.

Cau 18. Trong cac ménh dé sau, ménh dé nao sai?
1 1

A. lim —=+w0. B. lim —=—00. C. limLS:qLoo.D. limL=+oo.
x—=0" x x-0" x x—>0" x x—0* \/;
Cau 19. Gidi han: limM c6 gia tri bang:
=5 3-x+4
A. —2. B. -3. C. -18. D. —E.
4 8
—1)(x+2
fim 320+2)
Cau20. ™ X +9  bang
2 1
A, —. B. 1. C. -1. D. —.
9 9
, (4x+1)’ (2x +1)’
Cau 21. Cho ham s6 f'(x)= - .Tinh lim f(x).
(3+2x) X
A. 2. B. 8. C. 4. D. 0.
2 _
Céu 22. Tinh lim Y5 ¥+
x>0 3x 42
A2 B. .. c.l. D. 0
3 3 3

4x+1 khi x2>3
x*+4 khi x <3
B. 1.

Ciu 23. Cho ham s6 f'(x) :{

A. 4.

. Tinh £1£r31f(x)

C.13. D. khong ton tai.

Chu 24. Cho ham s6 y = f(x) lién tuc trén (a;b). Diéu kién can va du dé ham s lién tuc trén [a;b] 1a
A. lim f(x)=f(a) va lim f(x)=f(b).  B. lim f(x)=f(a) va lim 1 (x) =1 (b).

C. lim /(x)=f(a) va lim f(x)=/(6).  D. lim /(x)=f(a) va lim f (x) =1 (b).

x—a



Céu 25.Ham s6 y = f(x) c¢6 dd thi nhu hinh bén. Ham s6 gian doan tai diém c6 hoanh dé bang bao nhiéu?

¥

1
0 x
A. 0. B. 2. C.3. D. 1.
Ciu 26. Ham s nao sau day khong lién tyc tai x =22
2
A, y=+x+2. B. y=sinx. C.y= x2' D.y=x2—3x+2.
x—
. x+2 khix>-1 . , .
Cau 27. Chohamso y = . ,m la tham s0. Tim m dé ham so6 lién tuc trén R
xX+m khix < -1
A.m=2. B. m=-3. C. m=5. D. m=3.

Céau 28. Cho cic khing dinh

(I): Him s6 f(x) =

3 5 lién tuc trén (5; 10)

(II): Him sé f(x) =

3 5 lién tuc trén [5; 10]

(II): Ham s f(x) = 3 : lién tyc trén (2; 10)

(IV): Néu ham s6 f(x) lién tuc trén (2; 10) va trén [10; 15) thi ham s6 f(x) lién tyc trén (2;15)

S6 khang dinh ding 1a
Al B.2. C.3. D. 0.
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CHUONG IV. PUONG THANG VA MAT PHANG TRONG KHONG GIAN
QUAN HE SONG SONG

L. Tw ludn
Bai 1. Cho hinh chép S.ABCD c6 day ABCD la tir giac 16i.Ldy M,N,K 1an luot thudc cac canh AB,AD,SA.
a) Xac dinh giao tuyén ctia 2 mit phang (MNK) va (SAC).
b) Xac dinh giao diém (néu c6) cia MK va mit phang (SBD).
Bai 2. Cho tir dién ABCD, M la diém thuéc mién trong tam giac ACD ; E 1a diém thuéc BM
a) Xéc dinh giao tuyén cta 2 mit phiang (ABM) va (BCD).
b) Xéc dinh giao diém cua DE va mit phing (ABC).
Bai 3. Cho hinh chép S.ABCD. Goi M, N 1 trung diém SB, SD.
a) Tim giao diém cua SC va mp(AMN).
b) Tim giao diém cia DM va mp(SAC).
¢) Tim giao tuyén ciia mp(AMN) va mp(ABCD).
Bai 4. Cho tir dién ABCD.Goi M, N thir tyr 1a trung diém ctia BC va AC, K 1a diém thay ddi trén canh AD.
a) Xac dinh Q la giao diém ctia (MNK) va BD. Tim vi tri ctia K dé tir giac MNKQ 1a hinh binh hanh.
b) Khi diém K khong 1a trung diém canh AD.Goi I 1a giao diém cta BD va mit phang (MNK).Chimg
minh NK, MI, CD dong quy tai O.
¢) Goi d 1a giao tuyén ciia 2 mit phang (ABO) va (MNK).Chimg minh d song song véi mit phang
(ABO).
Bai 5. Cho tir dién ABCD. Goi M,N thu ty la trong tdm cua tam giac ABC va tam giac ABD.
a) Ching minh MN//CD.
b) Goi E 1a trung diém CD, P thuoc AE sao cho AE=3AP. Tim K, H lan luot la giao diém cua (MNP)
véi BC va BD. Tinh ti s6 BK/BC.
Bai 6. Cho hinh chop S.ABCD day 1a hinh binh hanh tam O.Goi M,N lan lugt 14 trung diém cta SB va SD,
P thudc canh SC (P khéng trung véi trung diém caa SC).
a) Chang minh MN // (ABCD)
b) Tim giao diém Q cua SA v&i mit phing (MNP).
¢) Goil,J, K 1an luot 13 giao diém ciia QM va AB, QP va AC, QN va AD.Ching minh I,J,K thing hang.
Bai 7. Cho hinh chép S.ABCD day 1a hinh thang day 16n AB.Goi M, N lan luot 1a trong tam tam giac SAD
va tam giac SBC.
a) Ching minh MN // mp(SAB) ; MN // mp(SCD)
b) Xac dinh giao tuyén ctia 2 mit phang (SAD) va (SBC) ; mp (SAB) va mp(SCD)
¢) Tim giao diém cua SB véi mit phang (DMN) ; giao diém ctia DN va (SAB)
d) Goi K la trong tdm tam gidc ABC. Chung minh MK // (SAB)
Bai 8: Cho hinh chop S.ABCD c6 day ABCD 1a hinh binh hanh tdm O, goi M,N lan luot 14 trung diém
cua SA,SD.
a) Chirng minh (OMN)//(SBC).
b) Tim giao tuyén mp(OMN) va mp(ABCD) 7
Bai 9. Cho hai hinh vuéng ABCD va ABEF ¢ trong hai mat phang phan biét. Trén cac duong chéo AC va
BF lan luot lay cac diém M,N sao cho AM=BN . Cic dudng thang song song vdi AB v& tir M,N lan luot
cit AD va AF tai M' va N'. Chting minh:

a) (ADF) // (BCE) ; b) (DEF) // (MM’N°N).
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Bai 10. Cho hinh lap phuong ABCD.A’B’C’D’ ¢6 sau mit la nhimg hinh vuéng cac trung diém E, F cia cac
canh AB va DD’. Hay tim céac thiét dién ctia hinh vuong cit boi cac mat phe“ing (EFB), (EFC), (EFA”),
(EFC’) va (EFK) v¢i K 1a trung diém B’C’.

Bai 11. Cho tr dién ABCD, goi G1, G2, G3, 1a trong tdm tam giac ABC, ACD, ABD.

a) Ching minh mp(G1 G2Gs3) // mp(BCD)
b) Tim thiét dién cua tir dién v6i mp(G1 G2G3). Tinh dién tich thiét dién biét dién tich tam giac BCD
1as
Bai 12*. Cho hinh ling tru tam giac ABCA1B1C1. M 1a mét diém nam trén dudng chéo AB1 cia mit bén A

A1BiB sao cho ;[—A; = % . Goi (a ) 1a mp qua M va song song v6i A1C va BC1. Xac dinh thiét dién

1
ctia mp (¢ ) voi hinh lang try, tim ti s ma mp( ¢« ) chia doan CC.

Bai 13: Cho hinh liang try tam giac ABCA’B’C’. Goi H la trung diém A’B’

a) Chting minh CB’ // mp(AHC’)
b) Tim giao diém cua AC’ voi mp(BCH)
¢) Goi mp(«a) la mp qua trung diém M ciia CC’ va song song véi AH va CB’. Tim giao tuyén cia
mp( ) voi (BCC’B’) va (ABB’A”)
AM CN

Bai 14. Cho hinh hép ABCD.A’B’C’D’. Goi M, N 1a 2 diém nam trén AD, CC’ sao cho D = I

Chimg minh ¢t MN // mp(ACB”).
Bai 15. Cho hinh lang tru ABC.A'B'C'. Goi LK,G lan luot la trong tdm cac tam gidc ABC,A'B'C' va ACC".
Chting minh (IGK) //(BB'C'C) va (A'KG) // (AIB).

II. Tric nghiém
Céu 1. Cho hinh chép S.ABCD déy ABCD la hinh binh hanh tdm O, giao tuy&n cla méat (SAC) va (SBD) Ia

A. SC B. SA C.SB D. SO
Cau 2. Cho tir dién ABCD, goi M, N |an lugt 1a trung diém cla CD va AD, G la trong tadm tam giac ACD. BG la giao
tuyén cla hai mat phang nao?

A. (ABM) va (BCN) B. (ABM) va (BDM) C. (BCN) va (ABC) D. (BMN) va (ABD)
Cu 3. Cho ti dién ABCD. M, N I3 hai diém [an luot thudc hai canh AB, AC sao cho MN cét BC tai |. Khang dinh nao
sau day la dung

A. Buong thang MN cét duong thang CD B. Buong thang DN cit dwong thang AB

C. Budng thang Al cat duwdng thang CD D. (DMN)N(DBC) = DI
Cau 4. Cho hinh chép S.ABCD. Goi M la diém trén canh AB (M khac A, B), N 13 diém trén canh SC (N khac S, C). Giao
diém cta MN va (SBD) I1a

A. giao diém ctia dudng thang MN véi SB

B. giao diém cutia dudng thang MN véi SD

C. giao diém clia dudng thang MN véi BD

D. giao diém clia duwong thang MN vdi duong thang S, trong dé | 13 giao diém clia BD va CM

Céau 5. Cho tor dién ABCD, M Ila trung diém AB; N thudc canh AD sao cho DN = %AD. Mat phfmg

(CMN) cét BD tai K. Tinh ti s6 . A.2 B2 cl D.2

BK 5 3 3 2
Ciu 6. Cho hinh chép S.ABCD, c6 ddy ABCD la hinh binh hanh, M,N,P la trung diém AB, AD, SC.
Mit phang (MNP) cit SD tai Q. Tinh ti s % A.l3 B+ c% D.g
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Cau 7. Cho hinh chép S.ABCD c6 ddy |a hinh thang (AB // CD). Goi I, J [an lugt 1a trung diém cda AD va BC, G la trong
tadm tam gidc SAB. Giao tuyén cla (SAB) va (1JG) Ia

A.SC B. dwong thang qua S va song song véi AB

C. dwong thang qua G va song song véi CD D. dudng thang GJ
Cau 8. Cho hinh chép S.ABCD c6 ddy |a hinh binh hanh. Giao tuy&n cia mat phang (SAD) va mét phang (SBC) la
duong thang song song véi duwdng thang nao sau day

A. AD B. BD C.AC D. SC
Cau 9. Cho t(r dién ABCD, goi G va E [an lugt 13 trong tAm cda tam gidc ABD va ABC. Va cdc ménh dé

(1) GE va €D chéo nhau (Il). GE // CD (11). GE ct AD (IV). GE cat AC
S ménhdédungla: A.0 B.1 C.2 D.3

C4u 10. Cho hai dwdrng thang phan biét 4,5 va mit phang (o). Gid st a//b, //(). Khi d6:
A a/(a). B. ac(a). C. a cat (). D. a//(a) hodc ac(a).

Ciu 11. Cho hai dwong thang phan biét ¢,» va mit phang (o). Gid st a//(a), b (a). Khi d6:
A. a0 B. 4,6 chéonhau. C. a//b hodc 4,5 chéonhau. D. 4 b citnhau.

C4u 12. Cho hinh chép tir gidc s.4Bcp. Goi M va N 1an lwot 13 trung diém cla s4 va sc. Khang
dinh nao sau day dang?

A. MN [/ mp (ABC).  B. MN //mp (SAB). C. MN [/ mp (SCD). D. MN [/ mp (SBC).
Cau 13. Cho cac ménh dé:

1.allb,b=(P)=all (P).
2.all (P),ac(Q)vei V(Q)va (Q)n(P)=b=b/la.

3. N&u hai mat phang cat nhau cung song song véi mot dwong thang thi giao tuyén clia chiing cling song song véi
duong thang dé.
4. Néu g, b 13 hai dwong thang chéo nhau thi cé vo s& mat phang chira a va song song véi b.
S6 ménh dé dung 1a:
A. 3. B. 1. C.2. D. 4.

Cau 14. Cho t&r dién ABCD, G la trong tam AABD va M |a diém trén canh BC, sao cho BM =2MC. Puong thang
MG song song voi

A. (ABD). B. (ABC). c. (ACD). D. (BCD).
Cau 15. Buong thing a // (P) néu

A.allbvabll(P). B.an(P)=a.

C.an(P)=b. D.allb, b<(P)vaaz(P).

Cau 16: Cho hinh chdp S.ABCD ddy ABCD I3 hinh binh hanh. Goi /, J Ian lwot 13 trong tAm cac tam gidc SAB va SAD. E,
F Ian lugt |a trung diém ctia AB va AD. Chon khang dinh dung trong céc khang dinh sau.

A 1] /] (SAD). B. 1J // (SCD). c. 1/ (SAB). D. 1J // (SDB).

Cau 17. Tim ménh dé dung trong cdc ménh d@ sau day.
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A. Néu hai mat phang (P) va (Q) song song v&i nhau thi moi dudng thang nam trong mat phang (P) déu
song song vdi mat phang (Q)

B. Né&u hai mat phang (P) va (Q) song song v&i nhau thi moi dwong thang ndm trong mit phang (P) déu
song song v&i moi dudng thang nam trong mat phang (Q)

C. Néu hai duong thang song song véi nhau [an luot nam trong hai mét phang phan biét (P) va (Q) thi (P) va
(Q) song song véi nhau.

D. Qua mot diém nam ngoai mat phang cho trudc ta v8 dwoc mot va chi mdt dudong thang song song vdi mit
phang cho trwdc dé.
C4u 18. Cho hai hinh binh hanh ABCD va ABEF nam trong hai mat phang phan biét. K&t qua nao sau day ding?

A. AD /| (BEF). B. (AFD) // (BEC). c. (ABD) /I (EFC). D. EC I/ (ABF).
Cau 19. Cho lang try ABC.A'B'C’.Goi D', E’ latrung diém ctia A'B'va A’C’. Khidé CB' song song vdi
A. AD'. B.C'D". c.(AD'E"). D. (ACD').
Céu 20. Cho hinh hép ABCD.A'B'C'D’. Ménh d& nao sau day sai?
A. (ABB'A') 11 (CDD'C'). B. (BDA') I/ (D'B'C).
c. (BA'D') I (ADC). D. (ACD') /I (A'C'B).

Cau 21. Cho cac khang dinh sau, chon khang dinh dung.
A. Hinh l3ng tru cd tat ca cdc mit bén bdng nhau.
B. Day cla hinh lang tru |a hinh binh hanh.
C. Hinh l3ng tru c6 tat ca cdc mat bén 13 hinh binh hanh.

D. Hinh I&ng tru cd tat cd cdc mat 1a hinh binh hanh.

Cau 22. Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tam 0, AB =8,SA =SB =6. Goi (P) Ia m3t phang

di qua O va song song vd&i (SAB). Tinh dién tich thiét dién cda (P) va hinh choép S.ABCD.

A. 12. B. 63/5. c. 545. D. 13.
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